
Let {Fn}≥1 be a filtration and τ a stopping time. Recall that

Fτ = {A ∈ F : A ∩ {τ ≤ k} ∈ Fk, 1 ≤ k <∞}.

Show that 1A(ω) = 1A(ω′) for all A ∈ Fτ if and only if τ(ω) = τ(ω′) and Xj(ω) = Xj(ω
′)

for j = 1, 2, . . . , τ(ω).
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